In the recent papers [2] , [3] , [9] , [11] , for the univalence of the functions 8{z) = ío i^ñ"dt and g(z) = [{fv))a dt was studied. For instance, the following theorems are obtained in [2] , [9] , [11] . In this paper we improve Theorem C and others. We owe this lemma to Ozaki [10] , [13] . Proof. It follows that
Letting 0<a< 1.5 we have
Therefore we have that g (z) e S for 0^a^l.5. On the other hand, if we let f(z)=z/(l -z)3 e S* and g(z) e S, then we must have from [4, p. 2] and [5, p. 134] g'(z) and therefore (1) and
Letting ot0 be a positive real number, we must have the following inequality from (1) Proof. We have ,.zg"(z)_ ,.zf"(z)
and so 
is the Schwarzian derivative. Thenf(z) is univalent in \z\ < 1.
The proof of this lemma can be found in [7] . Proof. Let a be a positive real number and
Then F(z) is regular in \z\ < 1 and we have also from [9, p. 396] |F(z)| < 8« in \z\ < ¿.
Let G(z) = {F(z/2)-F(0)}/10a in \z\ < 1.
Applying Lemma 3 and the same method as in the proof of [9] we have 
